In this paper we study the existence and uniqueness solution of second order nonlinear integro-differential equations with boundary conditions, by using the Picard approximation method which is given by   4 . Where we extend some results gained by   3 .
Introduction
The Picard approximation method has been used to studies in many studies like:
• "Existence and uniqueness solution for certain integro-differential equations", which has the form:   In this paper we are using the above method for studying the solution of second order nonlinear integro-differential equations with boundary conditions, where we extend some results gained by   3 .
Consider the following second order nonlinear integro-differential equations, as the form:
with boundary conditions ( … … (2) where the function ( )
and defined on the domain: 1  3  2  1  2  2  1  1  2  2  2  1  1 
was defined and continuous in
be a positive constants. We define the non-empty sets as follows:
Furthermore, we suppose that the greatest eigen value of the following matrix:
The study of the existence solution of the problem (1), (2) will be introduced by the following: Theorem 1:
Let the function
and satisfy the inequalities (4), (5) and (6), then the sequence of functions:
converges uniformly on the domain:
Proof: Set m=0 and use (9), we get:
… … (16) So that from (6), (15) and (16), we find
…… (17) from (15), (16), (17) and the condition (8), we get
We prove now that the sequence (9) is uniformly convergent in (10). From (9), when m=1 we get:
Now when m=2 in (9) we get the following: 
Rewrite inequalities (18) and (19) in vector from: By inequality (25), the estimation:
is true for m=1,2,3,… Thus ) , , , (
is a solution of integro-differential equations (1), (2) .
Uniqueness solution The study of the uniqueness solution of the problem (1), (2) will be introduced by the following: Theorem 2:
Let all assumptions and conditions of theorem 1 be given then the problem (1), (2) has a unique solution ) , , , (
on the domain (10).
Proof:
We have to show to that ) , , , (
 is a unique solution of problem (1), (2) . On the contrary, we suppose that there is at least two different solutions ) , , , (
 of the problem (1), (2) . From (11) the following inequalities are holds: (27) we should also obtain:
Inequalities (27) 
